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by applying PT2
k. Set a0 = min(H1) and for n ≥ 0, let an+1 to be the least element

> an of H2 if n is even and of H1 if n is odd. By ∆0
1 comprehension we obtain

an increasing sequence 〈an : n ∈ N〉 such that a2n ∈ H1 and a2n+1 ∈ H2 for all
n. Since for all n, f(an, an+1) = c where c is the color of 〈H1, H2〉, it follows that
either an % an+1 for all n or an+1 % an for all n. The range of 〈an : n ∈ N〉 is
therefore an ascending or descending sequence under %. !

The results of this section are summarized in the following diagram (arrows
denote implications provable in RCA0, double arrows denote implications which are
known to be strict, and negated arrows indicate nonimplications). For the sake of
clarity, we include only the most relevant relations from previous investigations; cf.
[7, p. 199] for a complete summary of these. Let k be any number ≥ 2.
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All the implications have been explained or attributed above. That SADS is not
provable in RCA0 and does not imply ADS is by Corollaries 2.6 and 2.16 of [7], while
that CAC does not imply DNR is [7, Corollary 3.11]. That SRT2 is strictly stronger
than SRT2

k and RT2 than RT2
k follows for k = 2 by a remark following Corollary 11.5

of [1], but of course SRT2
k is equivalent to SRT2

2 and RT2
k to RT2

2 for any standard


