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Diagram 4

5 Transitive and Semitransitive Colorings

In this section we will try to isolate the properties of colorings that allow us to prove that
ADS or CAC is weak in some way that RT2

2 is not or is not known to be. In particular,
each of ADS and CAC can be split into a stable version that has low solutions and
the cohesive principle COH that does not, but is conservative over RCA0. Moreover,
neither implies WKL0 nor even DNR. If we examine the proofs of these results the
primary issue is seen to be one of some transitivity of the coloring. We isolate the
required properties in the definitions of transitive and semitransitive colorings below.
The existence of homogeneous sets for such colorings clearly implies ADS and CAC,
respectively. We will prove that the implications can be reversed and so provide classes
of colorings corresponding to ADS and CAC. We also examine the relation between the
stable versions of the coloring principles and SCAC and SADS.
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